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Abstract 
 
   Entanglement plays a crucial role in fundamental physics like the black hole information loss problem. 
This problem can be summarized as follows: if the unitarity in quantum mechanics is correct even in the 
presence of a black hole then initial states of a quantum field must be one-to-one mapped to final states. 
However taking into account the emission of Hawking radiation, a pure state in a black hole space-time 
might evolve into a thermal-mixed state as suggested by Hawking.  
   Assuming black hole unitarity requires new ideas. If unitary must be preserved and the initial state 
of the total system is a pure state, then there must be some quantum system referred to as ``purification 
partner'', such as the composite system of the Hawking radiation and its partner is in a pure state. In 
general, the Hawking modes are entangled with the partner modes. These purification partners so far 
have been studied only for 1+3 dimensional evaporation of black holes.  
   Entanglement is not only crucial for the black hole information loss problem, but it is also important 
to quantum information technology since entanglement is one of the main resources in order to perform 
quantum tasks. Some quantum protocols like quantum computation or quantum cryptography use it to 
improve efficiency compare to classical protocols. The quality of that entanglement will influence the 
efficiency.  
  It is very well known that the vacuum of a quantum field carries an infinite amount of quantum 
entanglement. The divergence comes from an ultraviolet cutoff. Therefore, it is of interest to consider how 
to extract the entanglement of a quantum field in the vacuum state. Protocols that allow to extract 
entanglement from a quantum field to a system (detector) controlled by an experimenter are commonly 
known as entanglement harvesting. However, in the protocols to date the external systems are not in a 
pure state after the harvesting and the quality of the entanglement is very low. Therefore it is an 
interesting question to consider the case in which a large entanglement between two field subsystems in 
a pure state is swapped (harvested) to two external systems. 
 
   The following is a summary list of the achievements in this dissertation: 
 
1) General formula for purification partners in an arbitrary Gaussian state in arbitrary dimensions 
 
   Consider a quantum scalar field in a pure Gaussian state. We consider an arbitrary mode A as a 
subsystem of the field. When the reduced state of A is in a mixed state, we found a general formula for 
the purification partner system B of A. Our formula naturally includes the spatially separated partners 
(SSP), whose spatial profiles do not have any overlap with A. By using our formula we obtain a new class 
of partners. Since these purification partners have a spatial overlap with A, we call them spatially 
overlapped partners (SOP). In general, for an arbitrary mode A the associated partner B is a SOP. Our 
formula can also be applied to the case in which there is a general free evolution by a bi-linear interaction. 
For example, it can be applied to free fields in a black hole space-time, or expanding universe models. The 
partner stores the information of the evolution parameters like the black hole mass or the Hubble 
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parameter. This information is also imprinted in the entanglement between A and B.  
  The SOP may shed a new light on the black hole information loss problem. In the previous work the 
authors focused only on a simple case of SSP. The SOP in a black hole scenario yields a new scheme for 
quantum information storage about the initial gravitational collapse. This SOP may also improve the 
analysis of the cosmological Bell inequality breaking for scenarios like the one proposed by Maldacena. A 
scenario based on entangled particles in a mixed state. The purity condition on localized SOP may 
contribute to the sensitivity of the Bell inequality breaking.  
 
2) New entanglement harvesting protocol for a field in the vacuum state  
 
   We started from a discretized free field in the vacuum state. By taking the limit of zero lattice spacing, 
the entanglement entropy diverges. This result of the divergent entanglement entropy comes from the 
contribution of all the SSP. Our results show that even though the lattice spacing remains finite, it is 
possible to extract an infinite amount of entanglement of the pure-state SOP out of the field. This 
enhances the efficiency of entanglement harvesting. It should be stressed that our results only require 
that the interaction between the main system and the external device system for the harvesting to be just 
a bi-linear interaction. We do not need any non-linear interaction to achieve that. This feature will help 
the experimental implementation of entanglement harvesting. Finally we show that a huge amount of 
entanglement requires a huge amount of energy cost of the protocol. 
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したがって，Jose Daniel Trevison Solano 氏提出の博士論文は，博士（理学）の学位論 
文として合格と認める。 
